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 ΔϳϟΎΗϟ΍ ϝ΍ϭΩϟ΍ ϥϛΗϟf ( x ) = 3 x 2 + 1

g ( x ) = x 2

h ( x ) = x 3

q ( x ) = x 10

ϲϠϳ Ύϣ ϝϣϛ΃

( g o f )( x ) = g ( f ( x))a

= g (3 x 2 + 1 )

= (3 x 2 + 1 )2

=9 x 4 + 6 x 2 + 1 

( ( g o f) ( x ) ) 
d

dx

= 36 x 3 + 12 x 

( h of) ( x ) = h ( f ( x))b

=  (3 x 2 + 1 )3

( h o f) ( x )= 27 x 6 + 27 x 4 + 9 x2 + 1

= h (3 x 2 + 1 ) 

( h o f) ( x )= 162 x 5 + 108 x 3 + 18 x

εϗΎϧϧϭ έϛϔϧ ΎϧϋΩ ΔηϗΎϧϣ

\



(q o f )(x) . q ( f ( x)c

= (3 x 2 + 1 )10  ϖΑΎγϟ΍ ΏϭϠγϻ΍ αϔϧΑ            ΩΎΟϳ΍ ϝϬγϟ΍ ϥϣ ϝϫ( q o F )

ΔϘΗηϣ ΩΎΟϳ· Ωϧϋ Ϫϧ΍ ΎϧυΣϻ εϗΎϧϧϭ έϛϔϧ ΎϧϋΩ ΓέϘϓ ϥϣ

(q o f) ( x ) = [ f ( x ) ] 10

= (3 x 2 + 1 )10

 ϝ΍ϭΩϟ΍ ϩΫϫ ϝΛϣ ΔϘΗηϣ ΩΎΟϳ΍ ϲϠϋ ΔϳϟΎΗϟ΍ Ωϋ΍ϭϘϟ΍ ΎϧΩϋΎγΗϭ έ΍ΩϘϣϟ΍ ΍Ϋϫ ϙϓ ϲϓ ΔΑϭόλ ΩΟϧγ



 ΔϠγϠγϟ΍ ΓΩϋΎϗ ( ϝγϠγΗϟ΍)

 Δϟ΍Ωϟ΍ ϥΈϓ     Ωϧϋ ϕΎϘΗηϼϟ ΔϠΑΎϗ      Ϫϟ΍Ωϟ΍ϭ        Ωϧϋ ϕΎϘΗηϼϟ ΔϠΑΎϗ   Δϟ΍Ωϟ΍ ΕϧΎϛ ΍Ϋ΍
ΔΑϛέϣϟ΍

fg ( x)gX

( f o g ) ( x ) =f ( g ( x ))

 ϥϭϛϳϭ ˬ     Ωϧϋ ϕΎϘΗηϼϟ ΔϠΑΎϗ ϥϭϛΗX

(f o g ) ( x ) = f ( g ( x ) ) . g  ( x )
\ \

ΔϘΗηϣ  ϲϫ      Ωϧϋ               ΔΑϛέϣϟ΍ Δϟ΍Ωϟ΍ ΔϘΗηϣ ϥ΃ ϝϭϘϟ΍ Ύϧϧϛϣϳ ϱ΃
Ωϧϋ       Δϟ΍Ωϟ΍ ΔϘΗηϣ ϲϓ ΔΑϭέοϣ

(f o g)( x ) X g ( x)

gX

\



 ϝΎΛϣ (1 )
 ˰˰λ104

                    ΕϧΎϛϭ                   ΕϧΎϛ ΍Ϋ·
ΔϠγϠγϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΈΑ ΩΟϭ΄ϓ

g ( x) = x 10f  ( x) =3x 2 + 1

( f o  g )   ( x ) 
\

a

= f  ( g ( x ) ) . g  ( x )
\ \

f ( x ) = 6 x

f  ( g ( x ) ) =6 x 10

( f o  g )   ( x )=6x10.10x9

\
g ( x ) = 10x9\

\

\

( f o  g )   ( x )=60x19
\

( f  o g ) ( x ) = 60 x 19
\

(f o g )(x) = f ( g ( x ) )

= 3 ( x 10) 2 + 1 

= 3  x 20   + 1 

έ˰˰˰˰˰˰Χ΁ ϝΣ

\ \



(go  f )   ( - 1 ) 
\b

= -( 60 ) ( 4 ) 9

(go  f )   ( - 1 ) =-15728640

= g ( f ( x ) ) . f  ( x )
\ \

f ( x ) = 6 x

(gof) (x ) =10(f(x))9.6x

\
g ( x ) = 10x9\

\

(gof) (x ) =10(3x2+1))9.6x
\

\



(g o f)( 0 ) = 0

 ϡϗέ ϝΣΗ ϥ΍ ϝϭΎΣ1

                   ΕϧΎϛ ΍Ϋ·                     ΕϧΎϛϭ
ΔϠγϠγϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΈΑ ΩΟϭ΄ϓ

g ( x) = x 13f  ( x) = -2 x 3 +4

(f  o g )   ( x ) \
a

= f   ( g ( x )) .  g  ( x )

f  ( x ) = - 6 x 2

g ( x )= x 13

\

g ( x )=13 x 12\

f   ( g ( x ))= - 6 ( x 13 ) 2 = - 6 x 26

( b)

\\

f  ( x ) = - 2 x 3 + 4

\

( f  o  g )  ( x ) = - 6 x 26 . 13 x 12  = - 78 x 38 
\

( g o f )   ( 0 ) 
\

b

\

(g o f) ( x ) = g (f  (x)). f   ( x )  

g (x ) = 13 x 12\

f  ( x ) = - 6 x 2\

(g o f)( x ) =13 [( -2x 3+ 4)] 12 .  -6x2

\ \\

\



                    ΕϧΎϛϭ                         ΕϧΎϛ ΍Ϋ·

ΔϠγϠγϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΈΑ ΩΟϭ΄ϓ

g ( x) = x 2 + 1f  ( x) =
2 x + 1

x

(fo g )  ( x ) 
\

 ϝΎΛϣ(2 )
 ˰˰λ104

( f o g ) ( x ) = f  ( g ( x )) .  g  ( x )
\\ \

f ( x ) = 
2 x ʹ ( 2 x + 1 ) 

X 2
=

- 1

X 2

g  ( x ) = 2 x 
\

f  ( g ( x )) = f  ( X 2 + 1 ) 
\ \

=
- 1

(X 2 + 1 ) 2

g ( x ) έϳϐΗϣϟ΍

) f  o g ) ( x )=   
\ - 1

(X 2 + 1 ) 2
. 2 x 

= 
- 2 X

(X 2 + 1 ) 2
ΔϠγϠγϟ΍ ΓΩϋΎϗ

\



 ϡϗέ ϝΣΗ ϥ΍ ϝϭΎΣ
2 ˰λ105     ˬ                             ϥϛΗϟ

  ΔϠγϠγϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΈΑ ϱΩΟϭ΍

g ( x ) =    xf ( x ) = 
X 2 - 4

X 2+ 4

( f o g ) ( 1 )
\

( f o g ) ( x ) = f  ( g ( x )) .  g  ( x )
\\ \

f ( x ) = 
( x 2 + 4 ) . ( 2 x ) ʹ ( x 2 ʹ 4 ) . ( 2 x )

( x 2 + 4 ) 2

\

f ( x ) = 
2x 3 + 8 x ʹ 2 x 3 + 8 x

( x 2 + 4 ) 2

\

f ( x ) = 
16 x 

( x 2 + 4 ) 2

\

g ( x ) = 
1

2       X 

\

f (g ( x ))  = 
16 X

( (    X     )2 + 4 ) 2

\

( f o g ) ( x ) = 
16 X 

(  x 2 + 4 ) 2

\ 1

2 X

=    8
( x + 4) 2

(  f o g )  ( 1 ) =    8
25

\



ΔϠγϠγϟ΍ ΓΩϋΎϘϟ ϱέΧ΍ έϭλ

 ΍Ϋ΍
                                                ΕϧΎϛu = g( x )y = F ( u )  ,ϥΈϓ

dy
dx

= .    
dy
du

du
dx

  Ωϧϋ ΎϬΑΎγΣ ϡΗϳu = g( x )



 ϝΎΛϣ  (3 )
 ˰λ105

                               ΕϧΎϛ ΍Ϋ·

        ϝγϠγΗϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΈΑ             ΩΟϭ΄ϓ

y = u 3 ʹ 3 u + 1u = 5 x 2 + 2   , 

dy

dx

dy
dx

=                   .    dy
du

du
dx

dy
du

= 3 u 2 - 3

du
dx

= 10 x ΔϟϻΩΑ ΔϘΗηϣX

dy
dx

= ( 3 u 2 ʹ 3 ) . ( 10 x )  ΔϟϻΩΑ ΔϘΗηϣu

dy
dx

= ( 3 ( 5 x 2 + 2 ) 2 ʹ 3 ) . ( 10 x )   ϝγϠγΗϟ΍ ΓΩϋΎ˰˰˰˰˰˰˰ϗ

dy
dx

= 750 x 5 + 600 x 3 + 90x   ν˰˰˰˰ ˰ϳϭ˰˰˰˰˰˰˰˰˰˰˰˰˰˰˰όΗ

ΏΎΗϛϟΎΑ ϲόΑρϣ ́ ρΧ



  ϝΣΗ ϥ΍ ϝϭΎΣ
 (3 ) ˰λ

105
                               ΕϧΎϛ ΍Ϋ·

        ϝγϠγΗϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΈΑ             ΩΟϭ΄ϓ

y = u 2 + 4 u - 3u = 2 x 3 + x   , 

dy

dx

dy
dx

=                   .    
dy
du

du
dx

= 2 u + 4

du
dx

= 6 x 2 + 1  ΔϟϻΩΑ ΔϘΗηϣX

dy
dx

= ( 2 u + 4 ) . ( 6 x 2 + 1 ) 

dy
dx

= ( 2 ( 2 x 3 + x ) + 4 ) .( ( 6 x 2 + 1 ) 

dy
dx

= ( 4 x 3 + 2 x + 4 ) ( 6 x 2 + 1 ) 

dy

dx
= 24 x 5+ 4 x 3 + 12 x 3 + 2x +24x 2 +4) 

dy
dx

= 24 x 5+ 16 x 3 + 24x 2 + 2x +4) 

dy
du



 ϝΎΛϣ  (4 )
 ˰λ106           ϪυΣϟ ϱ΃ Ωϧϋ Ϫόοϭϣ ϥ΍ ΙϳΣΑ ΕΎϧϳγϟ΍ έϭΣϣ ϲϠϋ ϡϳγΟ ϙέΣΗϳ

 Ϫϟ΍ΩϟΎΑ ϲρόϳ
 ϲϓ Ϫϟ΍Ωϛ ϡϳγΟϠϟ ϪϳυΣϟ΍ Ϫϋέγϟ΍ ΩΟϭ΍

>t 0
S = cos ( t 2 + 1 )

t

 ϥ΃ ϡ˰˰˰˰˰˰˰˰˰˰˰˰˰˰˰ΎόϧV = 
ds
dt

ΔϳυΣϟ΍ Ϫϋέγϟ΍ ϲϫ V 

  ϥ΃ ΙϳΣ ϪΑϛέϣ Ϫϟ΍Ω      ϪϟΎΣϟ΍ ϩΫϫ ϲϓϭu = t 2 + 1 S = cos ( u ) ,

 Ύ˰˰˰˰˰˰˰˰˰˰˰˰˰˰˰ϧϳΩϟds

du
= - sin ( u )

S = cos ( u )

du
dt

= 2 t

u = t 2 + 1 

s



ϪϠγϠγϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΈΑ
ds
dt

=                 .    
ds

du
du
dt

= - ( sin ( u )) . 2 t

= - ( sin (t 2 + 1  )) . 2 t

=  - 2 t sin (t 2 + 1  )

ϪυϭΣϠϣ

 ϝΎΛϣ ϥϣ (4 )ϪϳϟΎΗϟ΍ ϩΩϋΎϘϟ΍ ϡ΍ΩΧΗγΎΑ ΔϘΗηϣϟ΍ ΩΎΟϳ΍ ϥϛϣϳ

d
dx ( cos f ( x ) )=( - sin f ( x )) . f ( X )

\

( cos ( t 2 + 1 ) = - sin( t 2 + 1 ) . 2 t
d
dx



 ΏϳϛέΗϠϟ ϪϠΑΎϗ ϝ΍ϭΩ ϲϠϋ ΎϧΗγ΍έΩ ΕέλΗϗ΍ έ˰˰˰˰˰˰˰˰˰˰˰˰˰˰˰˰ϛΫΗ

 ϝΣΗ ϥ΍ ϝϭΎΣ
 ˰λ106
 (4)

 έϳϐΗϣϠϟ ΔΑγϧϟΎΑ                                ΔϘΗηϣ ΩΟϭ΍y = sin ( x 2 + x ) X

ϥ΃  νέ˰˰˰˰˰˰˰˰˰˰˰˰˰˰ϔϧu = x 2 + x y = sin u 

dy
du

=  cos u 

du
dx

=  ( 2 x + 1 ) 

dy
dx

=                . dy
du

du
dx

dy
dx

= cos u . ( 2 x + 1 )

dy
dx

= ( 2 x + 1 ) cos ( x 2 + x )

d
dx

= cos f ( x ) . f ( X )

( sin ( x 2 + x ))=

= cos ( x2 + x ) .( 2 x + 1)

\



 ϝΎΛϣ (5  )
˰λ106    ΔϘΗηϣ ΩΟϭ΍ΔϠγϠγϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΎΑ f ( x ) = sin3 x  

ϥ΃  νέ˰˰˰˰˰˰˰˰˰˰˰˰˰˰ϔϧ
f ( x ) = ( sin x ) 3

g ( x ) =  sin x

h ( x ) = x 3

f( x ) = ( h o g ) ( x ) 

f( x ) = ( h o g ) ( x ) 
\ \

= h  ( g ( x )) . g ( x )
\ \

g ( x ) = cos x 

h ( x ) =3x2
\

\

=3 ( g ( x ) ) 2 . Cos x

=3 sin2 x . Cos x



 ΁ ϝ˰˰˰˰˰˰˰˰˰˰˰˰˰˰˰Σ
 έΧΔϠγϠγϟ΍ ϩΩϋΎϘϟ ϱέΧϷ΍ ϩέϭλϟΎΑ

f ( x ) = sin 3 x  

y  = ( sin x ) 3

ϥ΃  νέ˰˰˰˰˰˰˰˰˰˰˰˰˰˰ϔϧy = ( u ) 3

u  =   sin x

dy
du

= 3 u 2

du
dx

= cos x

dy
dx =                . dy

du
du
dx

dy
dx

= 3 u 2 ( cos x )

dy
dx

= 3 ( sin 2 x ) .( cos x )



n

ϱϭϘϟ΍ ΔϠγϠγ ΓΩϋΎϘΑ ϩΎϣγϣϟ΍ϭ ΔϳϟΎΗϟ΍ ΓΩϋΎϘϟ΍ ϡΩΧΗγϧ ϙϟΫϟ

 ˱ΎϳΑγϧ ˱ ΍ΩΩϋ    ϥΎϛϭ ΎϬϟΎΟϣ ϲϠϋ ϕΎϘΗηϼϟ ϪϠΑΎϗ         ΕϧΎϛ ΍Ϋ΍
 ϥΈϓn f ( x )

d
dx

)f ( x ) (n = n ( f ( X ) ) n ʹ 1   . f ( x )
\



 ϝΎ˰˰˰˰˰˰Λϣ
 (6) ˰λ107 ΫΧ΄ϧϟϥϛΗϟy =   5 ( x 2 + 3 x + 5 ) 3 ΩΟϭ΃y 

\

y  =    5 ( x 2 + 3 x + 5 ) 3

y   = ( x 2 + 3 x + 5 )  
3

5

y   =         ( x 2 + 3 x + 5 )  
3

5

\ 3

5
- 1 

. ( 2 x + 3 )

y   =         ( x 2 + 3 x + 5 )  
3

5

\
. ( 2 x + 3 )

- 2

5

y   =
\

5  5 ( x 2 + 3 x + 5 )  2

3 ( 2 x + 3 )

ΏΎΗϛϟΎΑ ϲόΑρϣ ́ ρΧ



h ( x )=                x

=             ( g (x )      . ( 2 x + 3)

ΔϠγϠγϟ΍ ΓΩϋΎϗ ϡ΍ΩΧΗγΈΑ  έΧ ΁ ϝΣ
 (2)

y =  (  u  )  
3

5

u = x 2 + 3 x + 5 

=            u 
dy
du

3

5

-2

5 

= 2 x + 3 
du
dx

=            u 
dy
dx

3

5

-2

5 

( 2 x + 3 )

=            ( x 2 + 3 x + 5 ) 
dy
dx

3

5

-2

5 ( 2 x + 3 )

=dy
dx

3 ( 2 x + 3 )

5 5 ( x 2 + 3 x + 5 ) 2

 έΧ ΁ ϝΣ
y   = ( x 2 + 3 x + 5 )  

3

5

g ( x )   = ( x 2 + 3 x + 5 )  

g ( x )   =2 x + 3 \

h ( x )   = x 
3

5

3

5

-2

5 

\

f  ( x )   =( h o g ) ( x ) 

f ( x )   =( h o g ) ( x ) 
\ \

= h ( g ( x )) . g ( x )
\ \

=             ( x 2 + 3 x + 5 )        ( 2 x + 3) 

3

5

3

5

-2

5 



 ϝΎΛϣ7
˰λ107      ϲϧΣϧϣϟ΍ αΎϣϣ ϝϳϣ ΩΟϭ΍

 Ωϧϋ
y = sin 5 x

X  =   ʌ
3

= 5 sin 4 x ( sin x )d y
d x

= 5 sin 4 x ( cos x )

\

= 5 ( ) 4 ( ) =
d y
d x

X  = ʌ
3

3 

2

1  

2

45  

32  ϭϫ αΎϣϣϟ΍ ϝϳϣ :



 ϝΣΗ ϥ΍ ϝϭΎΣ
˰λ107 (7 )ϲϧΣϧϣϠϟ αΎϣϣ ϱ΍ ϝϳϣ ϥ΍ ϥϳΑ

  ΙϳΣ ΏΟϭϣ ϥϭϛϳ Ύϣ΋΍Ω

y  = 
( - 2 x ʹ 1 ) 3

1

X   ϼ - 1  

2

y = (- 2 x ʹ 1 ) ʹ 3 

= - 3 (- 2 x ʹ 1 ) ʹ 4 ( - 2 )d y
d x

= 6 (- 2 x ʹ 1 ) ʹ 4d y
d x

=d y
d x

6
(- 2 x ʹ 1 ) 4

 ΏΟϭϣ ˱ Ύϣ΋΍Ω αΎϣϣϟ΍ ϝϳϣy    >  0\


